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Abstract

The crystal structure of herderite la - 9.789(2), b = 7.661(l), c - 4.804(l) A, p =
90.02(1)', P2qtal has been refined by least-squares methods to an unweighted R of 0.036.
The POr tetrahedra in the (BePO*OH). sheet are more regular than the BeO'OH tetrahedra,
reflecting the more directional nature of the P-O bond and the absence of any shared O.'.O
edges in the POr tetrahedra. Plots, of (O-T-O)", the average of the three tetrahedral angles
common to a T4 bond, os the length of the bonds in the two tetrahedra are consistent with
extended Hiickel molecular orbital theory. Variations in the P-O bond lengths can be
rationalized in terms of Mulliken bond-overlap populations, the Baur (1970) extended elec-
trostatic valence rule, and the Brown-Shannon (1973) relationship between bond length and
bond strength.

Introduction

Herderite, CaBePOaOH, is a rare phosphate oc-
curring primarily in pegmatites. Its cell dimensions
and space group symmetry were first determined by
Strunz (1936) who recognized its structural simi-
larity with datolite, CaBSiO+(OH). A determination
of the herderite structure by Pavlov and Belov
(1959) later confirmed that the two minerals are
isostructural. Pant and Cruickshank (1967) have
since examined the herderite structure and have
found that much of its P-O bond length variation
can be related to balancing of valences. However,
herderite was not studied in detail because of the
imprecise nature of Pavlov and Belov's refinement.
In our investigation, the crystal structure of herderite
has been refined, and the resulting bond length and
angle data are examined in terms of the predictions
of extended Hlickel molecular orbital (EHMO)
theory, Baur's extended electrostatic valence rule,
and Brown and Shannon's (1973) bond length*bond
strength relationships.

Experimental Procedure

The herderite crystal used in the analysis was
hand-picked from a homogeneous sample collected
at Golconda Mines, Minas Gerais, Brazil. We thank
Dr. Joel Arem, then of the Smithsonian Insti-
tute, Washington, D.C., for providing the sample

l Now at the Department of Geology, University of British
Columbia, Vancouver 8, British Columbia, Canada.

(121024). The crystal selected for the study was
optically homogeneous, clear, and nearly equi-
dimensional with a diameter of slightly less than
0. I mm. An examination of zero through second
level precession and Weissenberg photographs, re-
corded using Nb.filtered Mo radiation, confirmed
the space goup symmetry as P21/a, in agreement
with Pavlov and Belov (1959). The cell dimensions
(a  =  9 .789(2) ,  b  =  7 .661(1) ,  c  :  4 .804(1)  A ,
F = 90.02(1)o) were obtained from least-squares
refinement of single crystal diffractometer data. Nb-
filtered Mo radiation was used to collect 1150
raw intensities. Intensity data were conected for
Lorentz-polaization effects and converted to lF"5"l
using a program written by C. T. Prewitt. Absorp
tion effects were not considered significant because
of the composition and the small size of the crystal.
Corrected structural amplitudes were submitted to
a least-squares refinement using the Onrrs program
of Busing, Martin, and Levy (1962) and the atomic
coordinates of Pavlov and Belov (1959) as starting
parameters in the refinement. Only structural ampli-
tudes with magnitudes four times larger than their
estimated standard deviations were used in the refine-
ment. Atomic scattering factors were taken from
Doyle and Turner (1968) assuming neutral atoms,
and the weighting scheme employed was similar to
that proposed by Hanson (1965). Isotropic and an-
isotropic refinements, with 999 reflections, yielded
final unweighted residuals of 0.044 and 0.036, re-
spectively. At this point in the refinement a difterence
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Tasr-E 1. Positional Parameters, Anisotropjc Temperature Factors (XtO), and Equivalent Isotropic Temperature Factors for
Herderite

AEom Bt l B ^ ^
z z

B33 R-12 B13 B ^ ^
Z J

0 ( 1 )  0 . 0 3 9 6 ( 2 ) *
0  ( 2 )  0 . 4 s 8 s  ( 2 )
0 ( 3 )  0 . 1 9 3 s ( 2 )
o ( 4 )  0 . 1 4 2 8 ( 2 )

oH 0.3332(2)
Ca  0 .  3309  (1 )
P  0 .081s  (1 )
Be  0  . 3398  (4 )

o .  3988 (  3 )
0 . 2 8 3 5 ( 3 )
0 . 3 4 4 5 ( 3 )
0 . 1 0 5 9 ( 3 )

0  . 4123  (3 )
0 . 1 1 1 6  (  r )
0 . 2 7 1 0  ( 1 )
0 . 4 1 4 1 ( s )

0 . 2 4 6 6 ( 5 )  1 3 (  r )
0 . 6 s 2 1  ( 5 )  7  ( 2 )
0 . 6 6 6 9 ( s )  8 ( 1 )
0 . 3 3 0 s ( s )  r 7  ( 2 )

0 .  2 0 3 9  ( s )  L 2 ( 2 )
o .9974 ( r )  10 ( r )
o .  4708  (1 )  5  (1 )
0 . s 3 7 0 ( e )  1 6 ( 3 )

26 (3 )  7o (8 )
2 s ( 3 )  6 7 ( 8 )
33  (3 )  54  (8 )
15  (3 )  77  (9 )

31 (3)  47(7)
19 (1)  54(2)
e(1)  35(2)

13 (s)  s1 (3)

0 ( 2 )  - 3 ( 3 )
3 ( 2 )  1 1 ( 3 )

-8  (1 )  -2 (3 )
4 ( 2 )  1 8 ( 4 )

3 ( 2 )  - 3 ( 3 )
- 0 ( 1 )  4 ( 1 )
- 0 ( 1 )  2 ( 7 )
- o ( 3 )  - 3 ( 6 )

13  (4 )  0 .  se  (4 )
10  (4 )  0 .  s1  (4 )
- s ( 4 )  0 . s 3 ( 4 )
- o ( s )  0 . 6 1 ( 4 )

2 ( 4 )  0 . 6 0 ( 4 )
- 7  ( 1 )  0 . 4 s  ( 1 )

3 ( 1 )  o . 2 6 ( 2 )
6 ( 7 )  0 . 4 4 ( 7 )

Es t imated
the  l as t

standard deviat ions are in parentheses and refer  to
dec ima l  p l ace .

fourier map was computed to deterlpine the possible
location of the hydrogen atom. pe only significant
peak (approximately 0.76r/43\ on the difference
map was found at (0.386, 0.481, 0.137) at a dis-
tance of approximately 0.8 A from O(5). lhis was
assumed to represent the hydrogen q{gm. The posi-
tion was chemically reasonable an{ bonsistent with
the hydrogen position in datolite (Foit, Phillips, and
Gibbs, 1973). Subsequent least-squares refi.nements
with the H included failed to reduce R significantly,
and consequently the atom was not included in the
final refinement.

The atomic coordinates 4nd temperature factors
are tabulated in Table 1. The bond distances, angles,
and their associated e.s.d.'s yi'ere computed using

T^rln 2a. Bond Lengths and Angles in the POn and
BeO"OH Tetrahedra in Herderite*

the function and error program of Busing, Martin,
and Levy (1964) and are given in Table 2. The
observed structural amplitudes and the calculated
structure factors are compared in Table 3.

Discussion

Herderite consists of sheets of corner-sharing
POr and BeOgOH tetrahedra (Fig. 1a) linked along

TesI-r 2b. Bond Lengths and Angles in the CaO"(OH)"
Polyhedron in Herder.ite*

0-Ca- (0 .0H)  Ane les

Po4 Tet rahedron

P-o  Bond Lengths  o-P_o Ana les

p - o ( 1 )  1 , s 1 3 ( 3 )  0 ( 1 ) - P - o ( 2 r )  1 1 1 . 4 ( 1 )

p - o ( 2 ' )  1 . 5 4 3 ( 3 )  o ( r ) - P - o ( 3 )  r 1 2 . 9 ( r )
p - o ( 3 )  1 . s 5 2 ( 3 )  0 ( r ) - P - o ( 4 )  1 0 8 . 9 ( 1 )
p - o ( 4 )  1 . s 5 4 ( 3 )  o ( 2 r ) - P - o ( 3 )  1 0 7  9 ( l )

< p - o >  1 , s 4 r  0 ( 2 ' ) - P - o ( 4 )  1 0 9 ' 0 ( 1 )
o ( 3 ) - P - o ( 4 )  1 0 6 . 6 ( 1 )

< o - P - o >  1 0 9 . 5

Beo30H Tetrahedron

Be-(O.OH) Bond Lengths o-Be-(O,OH) Ansres

B e - o ( 2 )  r . 6 3 0 ( s )  0 ( 2 ) - B e - o H  r r r . 3 ( 3 )
B e - o ( 3 )  1 . 6 5 L ( s )  o ( 2 ) - B e - o ( 3 )  1 0 7 ' 0 ( 3 )
B e - o ( 4 ' )  1 . 6 1 0 ( 5 )  o ( 2 ) - B e - o ( a r )  1 I 0 . 5 ( 3 )
! e - o H  1 . 6 0 2 ( 5 )  o ( 3 ) - B e - o H  I 0 9 . 8 ( 3 )

< B e - ( O , O H ) >  1 , 6 2 3  O ( 4 r ) - B e - O H  r 1 4 ' 0 ( 3 )
o ( 3 ) - B e - o ( a ' )  r 0 3 . 7 ( J )
< o - B e - ( o , o H ) >  I O 9 . 4

P-O-Be Ansles

P - o ( 2 ' ) - B e  r 2 2 , r ( 2 ,  P - o ( 4 ) - B e
P - o ( 3 ) - B e  I 2 0 . 1 ( 2 )

0 ( 1 ' ) - c a - 0 ( 2 )
0 ( 1 ' ) - c a - o ( 3 )
0 ( r ' ) - c a - O ( 4 " )

0(1r ) -Ca-oH'
0 ( 1 ' ) - c a - o ( 1 " )
0 ( 1 r ) - c a - o ( 3 ' )
0  (1 r ) -Ca-oH"

0 (2 )-ca-0 (3 )
0  (  2 ) -ca-0  (4"  )
0 ( 2) -ca-Oltr

0 (2) -ca-0 ( 1" )
o ( 2 ) - c a - O ( 3 r )
0(2)-Ca-oI{'

0 (3) -ca-0 (4" )

7  6 . 3 1  ( 1 1 )
l 1 s . 0 2 ( 8 )
1 3 5 .  s 9  ( 9 )

7  3 . 9 6 ( 9 )
76 .46(Lo)
79.40(9)

1 4 5  . 1 7  ( 9  )

60 .65  (7  )
146.67  (8 )
113 .  93  (9 )

8 5 . 4 7  ( 9 )
rs r .  76(8)

7 6 . 7 3 ( 8 )

9L .22(8 ' )

O ( 3 ) - c a - o n '  8 1 . 5 7 ( 1 0 )
0 ( 3 ) - c a - o ( 1 " )  1 3 7 . 5 4 ( 9 )
0  (3  )  -ca-o  (3  '  )  r4s .23  (4 )

0(3) -ca-oH"  68 .63(9)
0 ( 4 " ) - c a - o l t r  7 5 . 5 1 ( 9 )
0 ( 4 " ) - c a - o ( 1 " )  1 0 8 . 5 8 ( I 0 )
0 ( 4 " ) - c a - o ( 3 ' )  6 0 . 8 5 ( 9 )

o(4" ) -ca :oH"  75 .34(8)
o u r - c a - 0 ( 1 " )  1 3 8 . 9 1 ( 9 )
o t t ' - c a - O ( 3 ' )  7 2 . 0 8 ( 1 0 )

oH ' -ca-oH"  138.08(5)
0 ( 1 " ) - c a - o ( 3 ' )  7 4 . 9 7 ( L o )
0(1" ) -ca-o l t '  79 ,82(9)

0(3 ' ) -Ca-oH"  118.38(8)

0-0 Distances

o ( 1 ) - o ( 2 ' ! )  2 . 5 2 4 ( 4 >
o ( 1 )  - o ( 3 )  2  . 5 s 4 ( 4 )
0 ( 1 ) - o ( 4 )  2 . 4 9 4 ( 3 )
o ( 2 1 ) - o ( 3 )  2 . s 0 2 ( 3 )
0 ( 2 ' ) - o ( 4 )  2 . 5 2 L ( 4 )
0 ( 3 )  - 0 ( 4 )  2  . 4 9 0 ( 4 )

<0-0> 2,514

0-(0.0H) Dtstances

o ( 2 ) - o ( 3 ) * *  2 . 6 3 7 ( 3 )
o ( 2 ) - o ( 4 ' )  2 . 6 6 3 ( 3 '
o ( 2 ) - o H  2 . 6 6 8 < 4 )
0 ( 3 ) + ( a ' 1 * *  2 ' 5 5 t , ' ,
o ( 3 ) - o H  2 . 6 6 2 ( 4 )
o ( 4 ' ) - o H  2 . 6 9 4 ( 4 >

< o - ( o , o H ) >  2 . 6 4 8

127 ,1 (2')

< 0 - c a - ( 0 , 0 H ) >  1 0 0 . 1 7

Ca- (0 ,0 t1 )  Bond Lengths

ca-o (1 '  )
ca-Q (1" )
ca-o(2)
ca-0 (3)

2 . 3 7  5 ( 3 )
2 .369(3)
2 . 4 5 9  ( 3 )
2 . 7  4 L ( 3 )

c a - 0 ( 3 r )  2 . 6 1 6 ( 3 )
ca-o(4" )  2 .439(4)
C a - o H '  2 . 4 1 8 ( 3 )
ca-oH"  2 .509(3)

< C a - ( 0 , 0 H ) >  2 . 4 9 1

* Estinated standard devtations are in parentheses and tetet to tre

Tas t  dec ina l  p lace .
* *  Shared edge

Estinated staodard deviat ions are in palentheses and

r e f e r ' t o  t h e  l a s t  d e c i m a l  P l a c e .
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I  r  6 5 1 3  6 5 1 3
- 3  .  6 t ! r  6 6 0 !
- :  2  6 5 1 ?  6 1 3 1
- l  r  6 5 r .  7 r . 6
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3  - i  6 3 5 1  6 9 3 3
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s 9  i t
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c* by sheets of edge-sharing Ca-containing poly-
hedra (Fig. 1b). Each tetrahedral sheet contains
alternating POa and BeO:rOH polyhedra which form
a network of four- and eight-membered centro-
symmetric rings extending parallel to (001). The
CaOo(OH)e polyhedra (Fig. 2) are best described
as slightly distorted tetragonal antiprisms which
share edges to form a sheet of six-membered rings.

The phosphate tetrahedra are neady regular with
a tetrahedral angle variance of 5.3, (Robinson,
Gibbs, and Ribbe, l97I). There are two possible
explanations for this regularity: (1) the absence of
shared O'..O edges in the tetrahedron, and (2)
the strongly directional nature of the [sp3] bonds.
In regard to the latter explanation, one would expect
the directional nature of the bonds to permit better
overlap with the orbitals of the coordinating
oxygen atoms when the O-P-O angles are close to
109.47". Pant and Cruickshank (1,967) suggest that
the small differences in the P-O bond lensths mav

6

' n ' : L @ r - 1 0 9 . 4 7 ' ) r / 5 .

be related to the similar 'ionicities' of the Ca-O and
Be-O bonds.

Recently Baur (1970) examined the bonding in
phosphates in terms of his extencied electrostatic
valence rule (tnvn) and found good correlations
between observed P-O bond lengths and the sum
of the electrostatic bond strengths to oxygen, ((O).
An inspection of the calculated bond strengths in
Table f indicates that the observed P-O bond length
variation in herderite conforms well with Baur's
model. The charges on O(3) and O(1) are balanced
in the structure by a shortening of the P-O( I ) bond
(1.513 A) and a lengthening of the P-O(3) bond
(1.552 A). This same line of reasoning, however,
cannot be used to rationalize the length of the
P-O(4) bond, which is slightly longer (1.554 A)
than expected from charge considerations (see

Table 4) .

(b )

Frc. 1. The herderite structure viewed down c* showing
(a) the sheet of four- and eight-membered rings of alter-
nating POr (shaded) and BeOsOH (unshaded) tetrahedra
and (b) the sheet of edge-sharing CaOu(OH), polyhedra.
The open circles in (a) define the Ca-atoms of the CaOo
(OH), polyhedral sheet (b). The herderite structure is gen-
erated when the latter sheet is stacked above the tetrahedral
sheet so that the centers of the CaO.(OH), polyhedra
superimpose the open circles of (a).



More recently, Lager and Gibbs (1973) have
shown that the P-O bond length variations in a
number of ortho- and pyrophosphates are consistent
with a bonding model based on extended Hiickel
molecular o'rbital (nHuo) theory. An advantage of
the model is that it relates bond length variations
to O-P-O angle variations. For example, EHMo
calculations carried out on hypothetically distorted
PO+S- ions with P-O distances fixed at 1.50A pre-
dict that the shorter P-O bond lengths should be
associated with the wider tetrahedral angles. The
correlation in Figure 3 between (O-P-O)3, the mean
of the three tetrahedral angles common to a P-O
bond, and the observed bond length for the phos-
phate tetrahedra in herderite is consistent with the
prediction (see Louisnathan and Gibbs, l972a,b).
An equation deduced by Lager and Gibbs (1973),
which is based on a relationship between the bond
length and the bond overlap population, n(P-O),
has been used to estimate the P-O bond lengths in
herderite. These estimated bond lengths are included
in Table 4 for comparison with observed values and
those predicted by Baur's (1970) rnvn (see Lager
and Gibbs, 1973.for a more detailed discussion).

The BeO3OH tetrahedra (tetrahedral angle vari-
ance = 12.93) are more distorted than the POr
tetrahedra, with angles varying from 103.7" to

Flc. 2. The CaO"(OH), polyhedron designated in Figure
1(a) viewed down c* showing the nature of the coordina-
tion. The labelling of the atoms is consistent with Table 2b.
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Test-r 4. Observed P-O Bond Lengths for Herderite Com-
pared with Electrostatic Bond Strengths and with Estimated

Bond l.engths Using Equations I and 2 (See Footnote)

P  B e  c a  r E ( o )  P - o ( o b s )  P - o ( e s E ' ) l  P - o ( e s t . ) 2

o ( 1 )  ] - 2 5

o ( 2 )  L , 2 5

o ( 3 )  r , 2 5

0 ( 4 )  t . 2 s

(oH)

I  P - o ( e s r . )  =  I . 5 3 7  +  0 , 1 0 9  A e ( o )  B a u r  ( 1 9 7 0 )  '

2  P - o ( e s r . )  =  1 . 5 3 7  +  2 . 4 7 9  d n ( P - o )  L a g e r  a n d  G i b b s  ( 1 9 7 3 ) .

1,14.0'. The narrowest angles are opposite the two
O'..O edges shared with the Ca-tetragonal anti-
prism. Except for the Be-O(3) bond, variations in
the bond lengths canont be rationalized in terms of
((O) because the charges on O(2), O(4), and OH
are balanced in the classical sense. In Figure 3 the
Be-O distances are plotted against (O-Be-O)3. As
in the phosphate tetrahedron, the longer bond
lengths are associated with the narrower tetrahedral
angles. The correlation in Figure 3, coupled with
the results of recent Envro calculations on the BeOa

r . 6 5

r . 5 3

(o-r -o).
Frc. 3. Plot of (O-7-O1s, the average of the three tetra-

hedral angles common to a bond os the observed lengths of
P-O (open circles) and the Be-O (solid circles) bonds in
herderite.
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tetrahedra (Griffen, Schlenker, Gibbs, and Phillips,
1973) suggests that the bonding in the BeO:rOH
tetrahedron can also be rationalized, in part, in
terms of EHMo theory.

The Ca-tetragonal antiprism in herderite shares
five edges, three with adjoining Ca-containing poly-
hedra and two with BeOgOH tetrahedra. Because
of electrostatic and antibonding considerations, no
edges are shared with phosphate tetrahedra. As ex-
pected, the shared edges are short, compared with
the average O' . .O distance (3.686 A), ranging
from 2.565 A (those shared with tetrahedra) to
2.966 A (those shared with Ca-containing poly-
hedra). A valence balance is apparently achieved by
a shortening of the two Ca-O(l) bonds and a
lengthening of the two Ca-O(3) bonds.

In conclusion, Pant and Cruickshank (1967) have
demonstrated that the Pauling-Zachaiasen method
of balancing valences provides a qualitative descrip-
tion of the bond length variations in the structurally
similar mineral datolite (values in parentheses in
Table 5 ). Ifowever, they were unable to discuss the
herderite structure in terms of the method because
the bond length errors were too large. As the present
study has provided a precise refinement, we have
undertaken a balancing of valences using the Brown
and Shannon (1973) empirical bond strength (()-
bond length (R) relationship

r: ",(f) 
(1)

where So is the bond strength associated with a bond
length R and where Ro and N are constants. Exami-
nation of Table 6 shows that the Brown-Shannon
relations are consistent with the bond length varia-
tions in herderite. We have also used the Brown-

Tlsre 5. Comparison of Valence Balance in Datolite

! ( 0 ) *

Teu-E 6. Valence Balance in Herderite

q ( o ) *

o ( 1 )  1 . 3 1  
_

o ( 2 )  r . 2 3  0 . 5 1
o ( 3 )  t  , 2 0  0 . 4 8

o ( 4 )  r , 2 0  0 , 5 4
o(5) 

: 
o:rt

q  (M)  * *  4  ' 94  2 .08

-  n  I t
; ' ; ;  I  .  e s

-  0 . 2 6  2 , 0 0
-  n  t 1

1  0 0
-  U . I 6

-  o . 2 7  2 . O r
1 , 0  0 , 2 3
-  0 . 28  z  ' vo

1 . 0  1 . 9 9  1 0 , 0 r

* 4(0) = sun of the bond sttengths from the reta1 atofrs (ll) 'o

each an ion .

* *  ya . lues  ob ta ined us ing  equat ion  l ,  the  bond fengths  g iven bg

* g(0) is the sum of bond strengths fron the

metaL atore (M) to each anroa, The bond

sttengths were obtained using equat ion J. ,

the bond ).engths given in Table 2 and xhe

foTLowing constants, S9 and Rs, obtained

b g  B r o w  a n d  S h a n n o n t  P  1 . 2 5 ,  1 . 5 3 4 i  B e

0  . 5  ,  L 6 3 9  a n d  C a  0 . 2 5 ,  2  . 4 6 8 ,

** 1(M) is the sun of bond strengths to each

netaT aton.

Shannon relations to balance the valences in dato-

lite. The agreement with the balance suggested by

Pant and Cruickshank is good (see Table 5).
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